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ON A SPECIAL CASE OF THE GOL4B-SCHINZEL FUNCTIONAL EQUATION
The Gol^b-Schinzel functional equation (1) f
(x + yf(x)) = f(x)f(y), where / : R -• R, was considered by many authors (see for instance (1)-[4]
). There are known the solutions of the equation (1) . Among other, if / : R -• R is bijective, then f(x) = 1 + cx, x 6 R, where c is an arbitrary constant.
In the present paper we investigate the Golq,b-Schinzel functional equation restricted to the diagonal, i.e., the functional equation in a single variable of the form 
where c is an arbitrary constant.
Proof. We first prove that there exists ¥>4. (1) and
In fact, setting x = 1 in (3), we obtain 2<^(1) = <fi(l), hence <¿>(1) = 0 and we can write (3) as
In wiew of the assumption, there exists the limit lim^-isince there exists the limit lim^.!-
Now, putting n times x 2 instead of x in (3) and then making use of (3), we have n -1
Consider the solution of (3) in three intervals:
Let us first assume that x £ (-1,1). Since lim^oo x 2 = 0 + and Whence, by (8) and (9), we get tp(x) = -\<p{-1 _ ), x > 1, and, in view of (7), we obtain
Now, let x < -1. Putting x 2 instead of x in (10) and by (3), we obtain
.0,
Putting in (3) x = -1, we have <p(-1)0 = <p( 1), so ¡p{-1) can be an arbitrary constant. From the assumption that there exists the limit ^(-l -), we have <£>(-l~) = 2y3(0 + ). Whence and by (11) the function has the required form (4) and the proof is complete.
Concerning the connexion between the equations (2) and (3), we have the following remark. Then if the solution of (12) fulfils the assumptions of our theorem, it has the form r v?(o+)(ix±-\,
, where c is an arbitrary constant. 
